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Abstract
A social group is represented by a graph, where each pair of nodes
is connected by two oppositely directed links. At the beginning, a given
amount p(i) of resources is assigned randomly to each node i. Also, each
link r(i, j) is initially represented by a random positive value, which means
the percentage of resources of node i which is offered to node j. Initially
then, the graph is fully connected, i.e. all non-diagonal matrix elements
r(i, j) are different from zero. During the simulation, the amounts of
resources p(i) change according to the balance equation. Also, nodes re-
organise their activity with time, going to give more resources to those
which give them more. This is the rule of varying the coefficients r(i, j).
The result is that after some transient time, only some pairs (m,n) of
nodes survive with non-zero p(m) and p(n), each pair with symmetric
and positive r(m,n) = r(n,m). Other coefficients r(m, i 6= n) vanish.
Unpaired nodes remain with no resources, i.e. their p(i) = 0, and they
cease to be active, as they have nothing to offer. The percentage of sur-
vivors (i.e. those with with p(i) positive) increases with the velocity of
varying the numbers r(i, j), and it slightly decreases with the size of the
group. The picture and the results can be interpreted as a description of
a social algorithm leading to marriages.
Keywords: computer simulations; digraphs; networks; sociophysics; econo-
physics
PACS numbers: 07.05.Tp, 87.23.Ge
1 Introduction
In the graph theory, several interesting problems are formulated in terms of
marriages [1]. Example giving, the famous Hall marriage theorem precises the
number of links between a given number of nodes in a bipartite graph which
are necessary if all these nodes are to be paired. The interpretation is that the
nodes represent persons of given sex, and marriages are possible only between
persons which are linked: they know each other.
However, almost all of us know that these links are not rigid. It is possible
to imagine that somebody marries an almost unknown person, just because of
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her/his appealing view. The reader can find many case studies in numerous
books (e.g. [2]) and journals even if they are not entirely devoted to statistical
phenomena or computer simulations. Here we are inspired by the considerations
on the dynamics of marital interaction, described in [3, 4]. There, the interaction
between partners is presented as a kind of game, where attracting or repulsing
behaviours of both sides lead either to a final agreement, or to a developing
conflict which must end by the separation.
According to our perspective, the same pattern is present at a social scale.
Each member of a given group sends simultaneous signals to numerous other
members. Those who, for some individual reasons, feel more attracted by a
given person, orientate their attention at least partially and send to this person
in turn signals more expressive. This is a positive feedback. On the contrary,
those who remark a decrease of their partner’s interest try also to reorient their
efforts to find somebody more promising, where more rewards can be expected.
In this way, the initially multiple contacts are polarised.
The results presented here demonstrate that in fact this kind of feedback is
entirely sufficient for a complete transformation of the whole structure. Initially
everybody gives some attention to everybody. Keeping the graph terminology,
initially links exist between each two members. At the final state, however, only
some pairs of links exist between members of separate pairs.
Let us add that multiple examples in literature and life teach us that the
ability to devote attention to other people is gradually used up (see, for exam-
ple [5]). After some years, we wake up with greater emotional distance to the
surrounding world. If we are already married, memory on our past feelings main-
tains our optimism and confidence. Remaining single, we have no motivation to
search for a partner any more. Discussion of social or psychological details of
this effect obviously exceeds the frames of any text devoted to a computation.
Looking for a mathematical description of this picture, we consider the social
group as a set of N nodes i = 1, · · · , N . Their emotional resources are given by
p(i). The flow of these resources from i to j is described by a matrix element
r(i, j). In the graph terminology, a directed link from i to j exists if r(i, j) is
positive.
In the next section, equations are given which are designed to model the time
evolution of the vector p(i = 1, · · · , N) and of the matrix [r(i, j)]. Subsequent
sections contain the results of the simulation and the conclusions.
2 The model
The emotional resources of ith unit is defined as p(i) ≥ 0. It evolves according
to the following rule:
dp(i)
dt
= N2 −

 N∑
j=1
p(j)


2
+
N∑
j=1
[r(j, i)p(j) − r(i, j)p(i)] . (1)
First two terms on the right are introduced for a computational convenience
2
to keep p(i) summed over i determined and finite. They are equivalent to a
kind of Verhulst term in population models [4]. Although they have no direct
importance for our subject here, they could be of interest for a reformulation
our model to capture some economical phenomena [6]. The third term in square
brackets represents the exchange of emotional resources p between i and j. The
summation over j gives the total flow of the resources to and from the ith node,
weighted with r(i, j).
Let us denote
∑
i p(i) ≡ S. Summing up Eq. (1) over i, we get
dS
dt
= N3 −NS2 + zero, (2)
because the remaining terms cancel each other. Then, S = N is the only stable
point. Having determined S — for each matrix [r(i, j)] — we have one and only
one solution p(i = 1, · · · , N), where simultaneously ∀1 ≤ i ≤ N : dp(i)/dt = 0
and dS/dt = 0.
We assume that the matrix [r(i, j)] evolves according to the following rule:
dr(i, j)
dt
= α
(
r(j, i)p(j) −
∑
k r(k, i)p(k)
N − 1
)
. (3)
This rule reflects the tendency to offer more to a partner which offers more.
Note that the actual amount of resources transferred from i to j is the product
of r(i, j), what is ‘intention’ to give, and of p(i), what is the amount at the i’s
disposition. The coefficient α is a common velocity of reorientation, while the
velocity of varying p(i) is unity. As it is demonstrated below, α appears to be
an important measure of an ability to find a partner.
It is easy to check that the evolution preserves N constants of motion∑
j r(i, j). Additional conditions are that p(i) ≥ 0. Once p(i) crosses zero,
it is forced by the computer code to remain zero till the end of simulation.
At these time moments, the above mentioned constants of motion may be dis-
turbed. To omit the effect, for each i we normalise
∑
j r(i, j) to be equal to
unity at each step of the simulation.
We need to solve numerically N2 differential equations. The matrix [r(i, j)]
has zeros at its main diagonal. The additional number of N equations for the
p’s cancels with the number of N above mentioned constants of motion.
3 Results
We solve numerically Eqs. (1) and (3) with randomly chosen initial conditions
0 ≤ p(i) ≤ 1 and 0 ≤ r(i, j) ≤ 1 for all 1 ≤ i, j ≤ N . The simulation takes
typically Niter = 10
7 steps and time step is set to ∆t = 10−4 what ensures
numerical stability of the solutions. The results are averaged over Nrun = 50,
20 and 10 societies for N = 10, 20 and 50, respectively.
For the calculation time long enough, we get a specific distribution of p(i).
For some nodes k, p(k) = 0. For remaining nodes, the only non-zero matrix
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Figure 1: The probability P to find a partner, as dependent on the parameter
α for different society sizes N .
elements r(i, j) are symmetric, i.e. r(i, j) = r(j, i) and p(i) = p(j). This means,
that the nodes (i, j) form a pair. Links from the pair members to the other
partners vanish, i.e. r(i,m 6= j) = 0 and r(n 6= j, i) = 0.
Fig. 1 shows the probability P of finding a partner depending on the pa-
rameter α for different values of N . Two examples of the time evolution of the
individuals’ amount of resources p(i) for N = 10 and two different values of α
are presented in Fig. 2.
Additionally, we have checked that for relatively quick reorientation (α = 3)
and very small population (N = 4) roughly 25% of Nrun = 10
4 investigated
societies evolved to the state with one pair only and 75% of societies finished
with two pairs. No ‘trios’ or ‘quartets’ are observed.
4 Conclusions
Direct results of our simulations point out that the probability P to find a
suitable partner depends on two parameters: α and N . It is obvious that P
increases with α, because the direct meaning of the latter is the velocity of
reorientation. Strictly, α is the ratio of the velocity of evolution of the matrix
elements r(i, j) to the velocity of evolution of the elements p(i). What was not
expected is the change of the plot slope near α = 1 (Fig. 1). One could conclude
that it is sufficient to change partners only as quick as we fed them with our
sympathy, if these velocities could be measured at the same scale.
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Figure 2: The time evolution of the amount of individual resources p(1 ≤ i ≤ N)
for small society (N = 10) for different values of (a) α = 0.2 (b) α = 1.0
parameter with the same initial conditions.
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The reduction of P with N reflects an obvious fact that it is more difficult
to find a partner in a larger pool. It means that the group members are more
likely to remain unmarried when N is large. This is due to the finite time which
they have to find a partner, not involved in another relationship. The timescale
is determined here by the time of reduction of a given p(i) due to the lack of
feedback. Once our emotional resources are fed up, we have no possibility to
overcome bonds of another pair, which are already tight.
Here, the same value of the parameter α is assigned to all group members.
This is an obvious simplification. It is clear that in actual societies one can ob-
serve a wide distribution of the parameter, which could be termed ‘infidelity’ or
‘ease to change partners’ or ‘cunning’ or ‘far-sight’, depending on the intention.
Indirectly, our results confirm a simple connection between this parameter and
the probability of finding a partner. Directly, our result deal with statistics, and
not with individual competition. For this purpose, the above simplification can
be accepted.
In our opinion, most intriguing result is the observed lack of larger clusters,
e.g. triangles, members of which could support each other. Despite the fact,
that according to Eq. (3), members are promoted the input of which is just
above the average, we have never observed a triangle even for simulations for
N = 4. We must conclude that triangles are unlikely.
A direct conclusion from Fig. 1 seems to be that in any case, the percentage
of never-married people is about twenty percent. In fact, some statistical data
confirm that this evaluation is realistic: in Ref. [7] we find 23.5 % for men and
19.2 % for women. However, these data cannot be taken without precaution.
The percentage of never-married people is known to increase with time [8] and
vary from place to place [9]. On the other hand, our data are obtained from
analysis of just one method of finding a partner, i.e. direct search and personal
attracting. This method can be considered as typical only in a modern society.
Some years ago, the society (family, church) was involved to match young people
[10]. It is well possible, that this traditional method was more efficient.
Finally, we would like to broaden a little bit the field of applicability of the
results, not to insult the reader formed in the realistic world. We speak on
marriages only for simplicity, and in fact many other relationships can be put
instead, realistic or virtual. For our results, even the hypothesis of sex is not
necessary.
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